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a b s t r a c t 

In the current study, we examine the multiplex network of patents and European Research Frame- 
work Programmes (FPs) aiming to uncover temporal variations in the formation patterns of trian- 
gles (a fully connected network between any three nodes). The multiplex network that we study 
consists of two layers whose nodes are the NUTS2 regions, and collaborations between scientists 
or inventors of different regions result to a link. We split the network temporally into 28 shorter 
sub-networks with a span of 6 years each, and calculate the number of triangles formed at the 
end of the 6-year period. Next, we shuffle the data creating 50 randomized networks for each 
of the 28 six-year sub-networks, in order to identify whether there is a hidden mechanism that 
favors a non-random behavior. Real and shuffled data are compared using a z-score, a measure 
of the differences of standard deviations between them. In addition, we repeat the same analysis 
using the clustering coefficient whose large value can signify a strong collaboration pattern for 
a given node. The results from the temporal analysis of real vs randomized multiplex networks, 
show that triangular FP collaborations tend to be favored over random ones, while in patents the 
case is strongly the opposite. Furthermore, results using triangles tend to be more comprehensive 
as opposed to those of the clustering coefficient. Finally, we identify which NUTS2 regions fre- 
quently exhibit a high clustering coefficient in either of the layers, and we present a map with 
these values for all regions. The results of this research can help policy making organizations 
understand the spatial dimension of subsidized research and patented innovation collaboration 
networks and perhaps to strengthen regional collaboration. 

 

 

 

 

 

 

 

1. Introduction 

Collaboration networks have been studied for many years, with works such as those by Scott (1991) , Wasserman and Faust (1994) ,
and Borgatti et al. (2009) standing out. The analysis of such networks is important, since it helps, for example, the study of relationships
between individuals, extract patterns in the network’s formation, or identify the most influential nodes. 

In research, collaborations have been studied in the past focusing on the structure of the networks, like Newman (2001) and
Abbasi et al. (2012) . Broekel et al. (2015) examined the evolution of such networks, Scherngell and Barber (2009) examined their
geographic origin and Ding (2011) examined whether there is a preference in the collaboration among scientists of the same interests
and similar citation scores. Similarly, in innovation, efforts to study the structure of the patent network have attracted much interest,
such as the study of Choe and Lee (2017) , while Sun (2016) focuses on the spatial aspect. There are also studies, like those of
Érdi et al. (2013) and You et al. (2017) , that try to predict emerging technologies. 
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The concept of multi-layer networks, i.e. networks formed by many layers, was introduced by Kivela et al. (2013) . In multilayer
networks each layer represents a network with different nodes and links, compared to any other layer, and each layer signifies a set
of data having different nature. Studying the networks in such ways, allows us to investigate whether the evolution of one network,
affects those of the other layers. A subcategory of multilayer networks are the multiplex ones. Their distinct characteristic is that
nodes on different layers represent the exact same quantity. The type of link, or collaboration, and the nodes connected by this
on each layer differ. For example, we may consider as a multiplex network the social interactions in Twitter and Facebook of a
school’s students (each social network corresponds to a layer of the multiplex network). The scientific interest of multiplex networks
is significant, especially for social ones. Boccaletti et al. (2014) examined the structure and dynamics of multilayer networks, while
Battiston et al. (2014) dealt with structural measures for multiplex ones. Mittal and Bhatia (2018) proposed a new way of calculating
closeness centrality for multiplex social networks. In research and innovation, the literature is mostly limited in paper-patent studies, 
like that of Li et al. (2015) , and does not generally use the notion of multiplex networks, but rather compares the separate layers
characteristics, such as the studies of Magerman et al. (2015) , Landini et al. (2015) and van der Pol and Rameshkoumar (2018) . Few
are the studies that treat knowledge and innovation networks as multiplex, like that of De Stefano and Zaccarin (2013) who analyzed
the interactions among authors and inventors in the region of Trieste, Italy, and Pugliese et al. (2019) who built a tri-layered network
of publications, patents and industrial production, and examined the interactions among them. 

Triangles, essentially a triplet of nodes that are all connected to each other, is a notion introduced by Simmel (1908) and later by
Kuper and Wolff (1951) . They are essential in analyzing a network’s structure. For example Ma and Ma (2019) suggested that the most
important nodes may be identified as the nodes that participate in a significant number of triangles compared to others and, thus,
they belong to the dense part of the network. Moreover, triangles are an indicator of the networks cohesion, as well as its homophily
and transitivity, as shown by Seshadhri et al. (2014) . Triangles have been used in various structural and dynamical studies, such
as that of Dimitrova et al. (2020) who use them as part of their multiplex network’s structure analysis and Antal et al. (2006) who
study the dynamics of a social network by examining its balance based on triangles. In the current study, we will also examine
the clustering coefficient, as introduced by Watts and Strogatz (1998) , which contains the notion of triangles and has been used
extensively in collaboration network studies. It has been applied on both static and dynamical networks. Kong et al. (2019) use it
among other metrics to examine how collaborations affect the researchers influence. On the latter case, there are studies such as that
of Perc (2010) who monitor the evolution of clustering coefficient in the Slovenian researchers collaboration network and that of
Huang et al. (2012) who study patents with international collaboration of inventors. 

The main aim of the current study is to uncover temporal variations in the formation patterns of triangles in the multiplex network
of patents and European Framework Programmes (FPs). In our study, we take into consideration, both the multiplex network and the
two layers individually. In addition, we examine the dynamic evolution of the respective clustering coefficients and we compare the
results of the two metrics. 

Scientific collaborations and discoveries that lead to scientific patents are not independent. They both have a common cause, i.e.
the need for innovation and understanding. In order to deepen their knowledge and answer important questions scientists collaborate
with each other. These same collaborations lead to discoveries which may have important practical applications and lead to patents.
A way to study this interdependence is by representing collaboration networks and patent networks simultaneously as multiplex 
graphs. This sort of representation takes into account that the nodes of the collaboration and patent networks are of the same kind,
as opposed to being two entirely separate networks. We will compare the real world networks structure with that occurring from
comparable randomized processes imposed on the exact same data. The aim is to find if the mode of research subsidization in EU
(multi-partner collaborations) is reflected in innovation and whether the dynamic approach taken reveals any changes in the period
under study. 

Concerning the subsidized research, the European Union (EU) has for the last decades continuously increased funding for research 
purposes, as indicated by Haegeman et al. (2015) and Reillon (2017) . With these investments, the EU aims at increasing the research
output of small and medium-sized enterprises/businesses (SMEs) and the private sector. Moreover, it has significantly favored com- 
mercial applications, as indicated by Kim and Yoo (2019) . Despite this, one of the main EU objectives is to create cohesion throughout
the entire EU, not just on a country level, but on a regional level as well 1 . To achieve this goal, it subsidizes research and research
infrastructures by collaborating partners present in different regions both through the Funding Programmes, with the limitations in 
minimum countries involved, and other inter-regional Programmes, where partners must belong in different regions, see further on 
Varela-Vázquez et al. (2019) and Crescenzi and Giua (2020) . By doing this, it aims to support quality employment, education, skills,
and social inclusion, as indicated in Berkowitz et al. (2016) and Darvas et al. (2021) . 

The paper is structured as follows. Section 2 presents the data used for our study, Section 3 describes the steps followed for the
analysis, Section 4 contains the results obtained, and finally, Section 5 draws the conclusions of this work and explains its potential
applicability on other fields. 

2. Data 

The multiplex network that we study consists of two layers, patent and scientific collaborations. Our aim is to identify the evolution
of collaborations in research and innovation at a regional level. The nodes of the two layers of the multiplex network are the 330
NUTS2 ( “Nomenclature of Territorial Units for Statistics ”) regions of the European area, which are subdivisions of countries into
1 https://ec.europa.eu/regional_policy/en/2021_2027/ 
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Fig. 1. Schematic of 3 networks with various types of collaboration between the nodes. a) Star network, where node 0 may be connected to many 
other nodes, however, these are all isolated from each other and, thus, its local clustering coefficient is 0 (same for nodes 1 − 5 ). b) Linear network, 
where all the nodes have local clustering coefficient 0. c) Triangles are formed in this type of network, so all nodes have a local clustering coefficient 
greater than 0, apart for node 7 which does not participate in any triangle. More specifically, nodes 1 − 6 clustering coefficient is 1, and node’s 0 is 
0.14. 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

smaller regions of typically about 800,000 to 3,000,000 population. In our network approach, links between two individual NUTS2
codes are introduced, when there is collaboration between inventors or scientists, located in two different such regions, for the
creation of a patent or in a European Framework Programme (FP 5 − 7 , and Horizon2020) project. Thus, each patent or project can
add several links, assuming that there are several partners from several different regions in it. In fact, since we assume that each
projects partner is connected to all other partners (fully connected sub-network), in a typical project many links are indeed created
between different regions. 

The first layer of the multiplex network is constructed using data from subsidized research, namely from the FP 5 − 7 and Hori-
zon2020 Framework Programme projects. Although FP5 started in 1998, we begin our study from the year 2000 because data prior
to that year are quite sparse, and could prove misleading. More specifically, there are only 307 links formed before 2000 at a 2 year
range, a very small number which is surpassed within a single month in data after 2000. This also defines the maximally available
time period for the study of the multiplex network. FP data have been extracted by the Community Research and Development In-
formation Service (CORDIS) and the aggregate network contains in total 34,061 projects, 330 different regions and 40,032 unique
links. There are also 307 unique self loops (collaborations within the same region) which have been omitted for the purposes of this
study. 

The contents of the patent layer have been derived by the European Patent Office (EPO) and contain patents for the years 1978 to
2020. However, and in order to be in compliance with the FP database, we utilize only patents registered since 2000 and onwards. The
total number of patents that have been registered in any NUTS2 region by at least two inventors since then is 48,466. The maximum
number of regions participating in the aggregate network is equal to 330, while the unique links are 5,692 in total and the self loops,
which are ignored as above, are 297. 

It should be noted here that while the number of patents is larger than the number of projects, the number of unique links in the
patent layer is less than the number of unique links in the projects layer. This is an indication that the two layers have differences in
their connectivity. Indeed, given that the number of unique links is much smaller in the patents than in the FPs, one expects that this
layer is less dense that the FP one. 

As analyzed in the methodology the multiplex network is studied in smaller time periods, and obviously, for each time period the
number of nodes and links is smaller than the total one. On average the number of nodes is 291 for patents and 324 for FP, while the
average number of links is 2,669 and 27,948, respectively. 

Both databases contain geographic information about the scientists/inventors location. However, at some occasions the NUTS2 
codes had to be extracted manually and were not listed as a separate field. The databases also contain a field that lists the duration
of the patents and the FP projects. It should be noted that about 20% of the links’ duration data are missing here for the patent layer
(although such data in some cases may be non-existent because the patent protection still exists), while for FP projects practically
almost all collaborations have a “death ” (link removal) time listed. This information is used for the temporal analysis in order to
include the death of a link, which reflects to the end of an existing collaboration, e.g due to lack of further funding. This information
is used for the temporal analysis to remove links. Link removal reflects the end of an existing collaboration, e.g. due to lack of further
funding. 

Further information on the datasets and the code used can be found in the supplementary material. 

3. Methodology 

As mentioned in Section 1 , triangles have been used in various studies for the structural analysis of networks. Our focus is on
identifying collaboration triangles that exist in the multiplex network over long periods of time and, thus, regions that may have
persistent collaboration patterns. We also seek to find those time points where structural changes lead to the significant increase, or
decrease of such forms of inter-regional collaborations. 
3 
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Fig. 2. Schematic of the evolution of a multiplex network with temporal data and links that “die ” at some point. Figures a) and b) are the two 
layers of the multiplex network that have grown until a specific date, and figures c) and d) are the same layers at a later point of time. Red lines 
indicate the links that are about to be removed, while green lines are the new links that have been inserted into the network. (For interpretation of 
the references to colour in this figure legend, the reader is referred to the web version of this article.) 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

Consider, for example, the two limiting cases of a star-like graph and of a linear chain, presented in Fig. 1 . Both cases correspond
to states without triangles. In a star-like network the removal of the central node will leave all partner nodes isolated. In a chain
any removal fragments the chain. On the contrary, if nodes with high clustering are removed, bridges between the remaining nodes
still exist. We consider this to be a sign of a more robust collaboration in a network overall (see Li and O’Riordan (2013) and
Bordons et al. (2015) ), as opposed to the case of “dominance ” observed in the star-like network or the case of “localization ” shown in
the linear chain. The existence, or absence, of triangles in the multiplex networks is the result of the collaboration dynamics between
scientific, technological or other groups. The clustering coefficient has been used as a method to characterize the structure of similar
networks by Liu et al. (2019) . Thus, we are motivated in studying triangles and clustering coefficient time series generated from
collections of multiplex networks formed by research and patent collaborations. 

Indeed, for a star-like network, according to the definition of the local clustering coefficient of node 𝑖 , given by Watts and Stro-
gatz (1998) : 

𝐶 𝑖 = 

𝜆𝐺 ( 𝑣 ) 
𝜏𝐺 ( 𝑣 ) 

, 

where 𝜆𝐺 ( 𝑣 ) is the number of triangles, one of which is 𝑣 , and 𝜏𝐺 ( 𝑣 ) is the number of triples (2 links and 3 nodes), where node 𝑣
is incident to both edges, the resulting value for the central node is 0 and, all other nodes also exhibit a 𝐶 𝑖 value of 0. The same
applies to a linear network, Fig. 1 b, where no nodes participate in any triangle and 𝐶 𝑖 is again 0 for all nodes. In contrast to these
very specific types of collaboration, there can be a star-like network, whose peripheral nodes are connected to each other, such as
the one in Fig. 1 c. In this type of structures the nodes form clusters that increase connectivity. This is shown by their local clustering
coefficient, which is 1 for all nodes, except for 0 ( 𝐶 0 = 0 . 14 ) and 7 ( 𝐶 7 = 0 ). An important limiting case is that of a fully connected
network where all nodes connect to all other nodes (not shown schematically). In this case the local clustering coefficients would be
𝐶 𝑖 = 1 for all 𝑖 . Generally speaking, a node with high clustering coefficient is a node that collaborates “well ” with others. We believe
that this aspect can be used as a valuable indicator in the informetrics community. 

In our study, we want to quantitatively find out which type of collaboration and how often a triangle is met in a multiplex
research and innovation collaboration network, as opposed to the case of a similar randomized multiplex network. This helps us to
classify qualitatively the network topology. Such an approach has also been used in the study of research and innovation networks
by Tahmooresnejad and Beaudry (2018) . 

We use the sliding windows method as indicated by Datar et al. (2002) , and similarly by Angelou et al. (2020) that allows for
the division of an evolving network into smaller, in temporal terms, networks. To be more specific, each sub-network initiates at
the beginning of every year (January 1st) or in the middle of it (July 1st) for all years since 2000, and up to 2014, resulting to 28
windows. We allow for a growth period of exactly 6 years for the sub-networks to reach a relative plateau in their evolution, fig. S1.
At each date that patents or FP projects are registered, links are inserted into the multiplex networks, or removed if a collaboration
has reached the “death ” date. Figure 2 shows an illustration of the patent and the FP layer, at two different points of time, that
links have been removed or inserted. At the end of each 6-year period the number of existing triangles is calculated. In addition, we
calculate the local clustering coefficient 𝐶 𝑖 of each node, and subsequently the average value of the local clustering coefficient, 𝐶 𝑖 ,
for all nodes, 𝑖 . We, thus, make a qualitative comparison between the results of the triangles approach and the clustering coefficient
one. 

Given the methodology of sliding windows that we use, the creation and death of a link is always captured over many consecutive
time windows. Indeed, given the time length of the window, it is possible that most such events will be captured for more than
5 windows (due to the 6 months time displacement between consecutive windows), before having to be born and die in the same
window. Our results imprint and show the status of the network after some time, and not the events leading up to that state. The
sliding windows method simply visualizes how this state has changed dynamically, and ends up being at the windows end date. 

The quantity of interest in our study is the clustering coefficient, which depends on 2 different factors. The first is the number of
links in the network, and consequently the degree distribution, and the second is the specific dynamics that drive the collaborations
between institutions, countries etc. The second factor is of particular interest to us. Thus, we randomly shuffle the network links, by
maintaining exactly the same degree distribution and we repeat the entire analysis for the shuffled versions of the network. We aim
to see if the observed clustering is similar to what one would observe if collaborations between institutions were random, given the
4 
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restriction of the degree distribution. To check that we compare the clustering coefficient of the data to that of the randomly shuffled
case. 

To be more specific on the shuffling procedure that we followed, we randomly shuffle the links, within each time window, while
the degree distribution remains the same in both layers and reconstruct the multiplex network. We take care that the number of
projects/patents per sliding window remains the same. However, we shuffle the dates that projects and patents are inserted into the
network so as to ensure greater randomization, even during the networks’ evolution. 

In order to compare the results between the real and the shuffled data we use the standard score or z-score, described in
Spiegel (2017) , given by: 

𝑧 = 

𝑥 − 𝑥 

𝑠 

where 𝑥 is the real value, 𝑥 is the average value of the shuffled data, and 𝑠 their standard deviation. What this metric does is to
calculate how many standard deviations the real data differ from the mean shuffled data. Randomly occurring networks with no
preferential attachment in the creation process would have produced a z-score value around 0. The comparison will take place both
in triangles and the local clustering coefficient analysis. 

To avoid any problems with in the comparison process we aggregate the data over each time window and use the same exact
sets for real data, as well as for the randomized ones. Thus, we keep the data for real and randomized results in each time window
comparable. Additionally, we have verified that the results remain robust when probing smaller time windows, even ones where data
do not reach a plateau. 

4. Results and discussion 

As mentioned in Section 3 , the sliding window method creates 28 multiplex sub-networks, i.e. 28 patent sub-networks and 28 FP
sub-networks. For each set of sub-networks we identify and calculate the patent triangles and the FP triangles. We then remove from
each layer their common links, those existing between the same two nodes in both layers, and place them into a new network, the
common multiplex one. 

We follow the same procedure for the 50 shuffled networks that we have created for each of the 28 real sub-networks. The
results show that the real world patent layer, Fig. 3 a, and the common network, Fig. 3 c, are much more likely to form more isolated
collaborations (simple links) when compared to their shuffled versions. In fact, shuffled data tend to form many more triangles (up
to about 10 times more in patents and 4 in the common network) for the entire time period studied. 

On the other hand, real FP data tend to form more triangles than their corresponding shuffled data, Fig. 3 b. This effect is possibly
due to the specifics of EU funding rules, which promote in most funding calls a collaboration of three or more partners. Thus, triangular
collaborations are favored and successful ones are most often those with even more than 3 partners. The z-score values of all three
cases prove that these results are not random as they range far from 3 typical standard deviations. In fact the patents and the common
network, Fig. 3 d, show negative z-scores and the FP positive ones, agreeing with the observations of the previous plots. This behavior
is, therefore, non random and hides an inherent preference in the network creation process. 

It is worth noting that the patent triangles are practically zero in the real data and few even in the shuffled ones. This is due to
the very high number of triangles in the FP layer, which means that practically any inter-regional collaboration link in the patent
layer created will very likely have a corresponding one in the FP layer. Thus, and owing to the approach used, almost all patent links
are transformed to common ones and only few remain with no corresponding ones. The exact same analysis was also conducted for
shuffled versions of the entire data and not within the windows, with the results being quite similar, as shown in supplementary
material fig. S2. 

Next, we repeat the same process by calculating each node’s local clustering coefficient of each layer, including their common
network. This multiplex network is again formed by removing the links that exist in both the patent and the FP layers and inserting
them into the common one. We then calculate the average value of the local clustering coefficients of each layer and of the common
network, Fig. 4 . Real data in patents, Fig. 4 a, and the common network, Fig. 4 c, show that they clearly have smaller averaged local
clustering coefficients and, thus, when compared to shuffled data, do not tend to form triangles. As for the FP layer, Fig. 4 b, we
notice that real data exhibit a higher averaged local clustering coefficient, as compared to the shuffled data. The z-score of the local
clustering coefficient, Fig. 4 d, clears up the question whether such results could be randomly obtained. The values shown point to
a non randomized process for all three cases, and the existence of an underlying preferential type of mechanism for the growth of
these systems. 

Figure 4 , when compared with Fig. 3 , shows some similarities in a qualitative sense, as both show the same type of preference
in real over shuffled triangle formation for FPs and the opposite for patents and the common network. However, the quantitative
difference is significant as the triangles approach shows much more strongly the existence of a non random process. It shows a
20 − 50% preference in real over shuffled FP triangles, while real 𝐶 𝑖 values are only 15 − 20% higher than their respective shuffled
ones. Similarly, for the patents and the common network the number of triangles is about 10 and 3 − 4 times higher in the shuffled
data than in the real ones, while 𝐶 𝑖 values are only 3 − 4 and less than 2 times more, respectively. z-score values are similar in both
figures with the triangle ones, Fig. 3 d, being again larger than the averaged local clustering coefficient ones, Fig. 4 d. 

Our next goal is to identify at each layer the nodes with the higher average rank ( rank 𝑎𝑣𝑒𝑟 ), according to their local clustering
coefficient rank for the 28 windows ( rank 𝑠𝑏 ). This will help us pinpoint the key nodes in triangular collaborations over time. More
specifically, for each window we rank the nodes according to their local clustering coefficient, rank 𝑠𝑏 . We allow for two, or more,
5 
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Fig. 3. (Color online) The number of triangles at the end of the 28 windows, versus their starting dates for a) patents, b) FP, and c) their common 
network. Black dots represent the real data, and orange squares represent the average of 50 shuffled networks. The rectangular colored areas (colors 
are random) at the bottom of figure b show the FPs duration of each. d) z-score of the number of triangles for the patent (stars), FP (triangles) and 
Common (cross) networks versus time. (For interpretation of the references to color in this figure legend, the reader is referred to the web version 
of this article.) 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

nodes to have the same rank if needed. We then average over all the 28 ranking positions of each node in each sub-network, and then
re-rank the averaged data, rank 𝑎𝑣𝑒𝑟 . Figure 5 shows the boxplots of the top 10 NUTS2 regions for all 3 cases (patents, FPs, common
network), which are sorted from left (higher rank 𝑎𝑣𝑒𝑟 ) to right (lower rank 𝑎𝑣𝑒𝑟 ) according to the average value of their rank. We notice
that there are very few NUTS2 regions that exist in all 3 layers. 

Finally, we present 3 European maps, one for each case, colored according to the averaged (out of the 28 windows) local clustering
coefficient of each NUTS2 region, Fig. 6 . We notice that regions with intense scientific history, as for example Paris, Rome, Madrid,
Barcelona, and others, are not among the highest regions in the FPs and the common network. Although this may not seem reasonable,
it is due to the fact that we examine the existence of triangles (through the local clustering coefficient), and not that of links which
may actually be too many (in this case in Paris there are 324 links, which ranks Paris as the first region in number of links). We also
notice that there are regions, or even entire countries, that may be part of triangular type of scientific collaborations in the FPs at a
much higher than expected rate. However, their part in the actual number of patents is relatively small as compared to that of other
regions (Iceland, and most of Turkey). 

In the supplementary material we also show the same figure, fig. S5, produced with a different goal in mind. Specifically, we
include the common triangles in the patent and FP layers rather than remove them, in order to have a clearer view of these two
layers only, each on their own, and not the common one. The results show that the patent layer is almost identical to the results of
the common network, Fig. 6 c, while the FP layer shows even higher local clustering coefficient values for most regions. 

The supplementary material also presents the results for the top-ten NUTS2 regions ranked in order of participation in collaboration
triangles for FPs, patents and their common network in fig. S6. The average number of triangles, shown in fig. S7, is normalized over
the maximum value of the average number of triangles, while the averaging is done over the same 28 windows as before. The results
paint a slightly different picture than that of the local clustering coefficient. They emphasize on the role of major urbanized city
6 
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Fig. 4. The average local clustering coefficient calculated at the end of the 28 windows versus their starting dates for a) patents, b) FP, and c) their 
common network. Black dots represent the real data and orange squares represent the average of 50 shuffled networks. d) z-score of the average 
local clustering coefficient for the patent (stars), FP (triangles), and Common (cross) network versus time. 

Fig. 5. Boxplot of the top 10 NUTS2 regions for a) patents, b) FPs, and c) their common network in terms of average ranking, according to the local 
clustering coefficient ranking of the 28 windows (green dashed lines). Red lines show the median value of their ranking for the 28 windows. (For 
interpretation of the references to colour in this figure legend, the reader is referred to the web version of this article.) 

 

 

 

centers found on all EU countries which simply gather much larger numbers in links belonging to triangles in the FP layer and the
common network. One can notice the major differences between regions such as Sicily, Paris, Rome, Madrid, and many more in
Fig. 6 as opposed to fig. S7. Such a representation of collaborations is closer to those of studies doing a simple statistical analysis of
regions in either patents or subsidized research. 
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Fig. 6. (Color online) European color-based map of the averaged local clustering coefficient of each NUTS2 region. Real data for a) patents, b) FPs, 
and c) their common layer. As the average value of the local clustering coefficient increases, the colors change according to the d) colorbar (from 

left to right). White color indicates regions with a zero value in the clustering coefficient, which corresponds to zero triangles in that layer after 
the removal of the common triangles, or zero common triangles. (For interpretation of the references to colour in this figure legend, the reader is 
referred to the web version of this article.) 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

5. Conclusions 

In summary, we study the evolution of triangles in a multiplex network consisting of patents and European Framework Programmes
to uncover any preference in forming extended collaborations of triangular form, rather than dual ones of simple link type. In addition,
we compare the results to those of the local clustering coefficient in order to identify any differences. Our approach is that of analyzing
the triangle and clustering coefficient time series which are generated from collections of the multiplex network formed by the FP -
patent graphs. 

The results show that in the patent layer, the number of triangles formed only on that specific layer is extremely small in comparison
to those of the FP layer and the common network. In addition, when comparing the real data to its shuffled versions, one concludes
that in such a real system there is a strong preference to form isolated links rather than entire triangles. In fact, the number of triangles
in the shuffled data is many times larger (up to 10 times). Similar behavior is noticed in the common network, where the shuffled data
form significantly more triangles than the real ones (up to 4 times). On the contrary, FP collaborations show a stronger preference
to form triangles in the real, rather than the shuffled, layers. We also study the local clustering coefficient, which yields qualitatively
quite similar results, yet in all cases with much less distinguishable differences. Indeed, by studying the number of triangles one can
emphasize on the differences between real and shuffled networks when compared to their local clustering coefficient counterparts. 
The main point observed in the system of research and innovation studied here is that triangles elucidate more easily than the
clustering coefficient the preference (or avoidance) in triangular forms of collaboration over simple dual ones. 

The analysis presented in our paper aspires to show that European level Framework Programmes tend to favor the creation of
multi-partner collaborations and, thus, one would expect them to be able to spark innovative research leading to patents. Such patents
should reasonably be multi-region as well. It is, however, surprising that the opposite holds true. In fact, in both the patent layer
and the common network a random re-organization of the links forming them would lead to more triangles than those actually
formed. The exact cause for this has not, to the best of our knowledge, been explained yet in the literature. However, a plausible
cause for the preference on such a structural dynamic in the FP layer are the funding rules of the EU which favor multi country
collaborations. Similarly, in the patent layer and the common network, the potential commercial value of patents may inhibit the
creation of multi-partner collaborations. It would be interesting if future work were to focus on understanding the mechanisms behind
this behavior. 

Next, we want to identify the NUTS2 regions that have constantly, for all time windows, proven to have a high local clustering
coefficient, and can, thus, be considered significant for the creation of their networks. What we see is that for each layer the top 10
regions are mostly different, and there are very few which are common in all three layers. Furthermore, according to the averaged
value of the local clustering coefficient from all the 28 windows, we notice some regions with counter-intuitive behavior. There are
regions of high scientific activity with low local clustering coefficient, and other regions that are not so scientifically active which
have a higher local clustering coefficient value. The same result can be seen clearly by comparing Fig. 6 with fig. S7. This could be
due to the fact that the latter regions may have a very small number of collaborations, but possibly the exact same regions over time,
thus forming relatively high numbers of triangles. On the contrary, scientifically active regions may have many more collaborations,
but these do not always form enough triangles, resulting on lower local clustering coefficient values. 
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Our research results and the combination of existing methodologies used can help funding authorities and policy makers decide 
on whether specific regional actions need to be taken to support specific geographical areas. The EU, in order to increase the cohesion
of its Member States, has long implemented funding programmes that act with cross border or regional characteristics. These Inter-
regional programmes often fund actions such as research infrastructure actions for the public domain, actions that help innovative
private sector companies, SME incubators etc. There are also national or regional (cross border/cross national) level actions that
require partners to belong in specific NUTS2 level regions. Besides this, the mere fact that the Framework Programmes of EU typically
requires a minimum of three partners, which must come from at least 2 Member States, favors the collaboration of researchers from
more than 2 regions. Although these collaborations are not on a NUTS2 level, in many NUTS2 regions there are relatively few research
organizations that dominate the entire region in terms of research production. Regarding the patent layer, there is no well established
and centrally controlled funding organization at the EU level to promote patenting between researchers of different regions, nor is
there simply one Research and Innovation epicentre per NUTS2 region in most cases. However, and given that FPs and other regional
programmes assist in patent increase, we expect that well targeted changes in research funding policies have the ability to affect
patenting as well. 

The results of this study could also prove valuable even to other systems, since a new criterion has been added that can in some
cases identify differences in real versus randomized networks much easier. For example, in cases of real social multiplex networks,
it can perhaps help identify in a new way whether there is a preference or not for the friend of a friend to be a friend. In any case,
since the results hold true for both a sparse (patent) and a dense (FP) layer, as well as their common multiplex network, it is possible
that many other such systems can use our results and the methodology that we followed. 
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